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DOHRIZXIZEFE DR, ZOFEKTZ O 2APADCHERICOVLTL, £ficiy UMVU #
FEROHMNEELTWEEE25. C) P-1,2, 4,5, 7, 8 zowTit, B L ERCHTS
UMVU #EE0HMHRIT, o 5201715 0.9 N KRELRBEORTAEL S, P-3, 6
ZonTil, AMLGHELAR LS, FAR nRIZ L5 oz by, D) Eke—2v
M X BAHETEER, o 2VHIEVWIITREVWHBEZHEON, o BNREL D EEFEL L HENT 5.
IoT, BARE-AVICIZHEERXMHE I BRI, o OEINPNIVEW) ERERVPLET
BH5. ETHT, EAEIPNIVES, ERe— 2V VX BHEEED MSE 3#LE R 120
5, MSE o B EHHE L 1S Wi, FhT, LOSRLEREITE W Ailcws. X hEELW
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# 4.5 EHYRLREREERDO MSE (P-5)

o
o 0.1 0.3 0.5 0.7 0.9
n
. 857 . 896 1,154 5.653
10 . 925 767 . 651 1.919
5.167x107% | 7.003x107* | 1,892x10! 1.879x 108
L9711 . 979 1.018 1.157 1.650
50 . 961 . 766 .506 .302 .193
1,074x107% | 1.399%107' | 2,941 5.911%x10* 2.064x108
. 985 . 989 1.008 1.071 1.251
100 . 966 . 766 . 493 . 270 L134
5.398X 1074 | 6.994%x1072 | 1.434 2.643%x 10! 7.191x10?
. 993 . 995 1.004 1.034 1,113
200 . 968 . 766 .487 . 256 .114
2,705x107% | 3,497x1072 | 7.084x107* | 1,254Xx10* 3.064 %102
# 4.6 HENEHRLBELHEEED MSE (P-6)
~ 14
.
0.1 0.3 0.5 0.7 0.9
n \
. 855 .855 .855 . 855 . 855
10 . 922 727 .458 . 231 . 094
4,750%107% | 3,847x107% | 2,969%10"* | 1.140%x10°2 | 3,116x1072
. 970 .970 . 970 . 970 . 970
50 . 961 . 758 477 . 241 .098
9.900%x107 | 8.019%107% | 6.188%x107% | 2.377Xx107% | 6.495%107®
. 985 . 985 . 985 . 985 . 985
100 . 966 . 762 479 . 242 . 098
4,975%1077 | 4,030x1075 | 3.109x107% | 1.194x107% | 3.264%x107®
.993 . 993 . 993 . 993 . 993
200 . 968 . 764 .480 . 243 .098
2,494x1077 | 2.020x1075 | 1.559%107% | 5.987Xx107¢ | 1.636%107®
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Loy, Og % oytae=0a 7B X5 EHEL, 2, 1w
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£ 4.7 BUPHRLELHEEDO MSE (P-7)
\ o 9
~ 0.1 0.3 0.5 0.7 0.
n \
.856 .863 .885 . 937 1.045
10 .923 .735 476 . 258 .120
1.940%x 1075 | 1,858%107® | 2,009x10~2 | 1,287x1071 | 7.060X107!
. 970 . 972 .977 . 087 1,005
50 . 961 . 760 .481 . 246 .102
4,041x107® | 3,841x107% | 4.055%x107% | 2.457x10% | 1.206X107!
. 985 . 986 . 989 994 1.002
100 . 966 . 763 .481 . 245 .100
2,030X107% | 1,928x107% | 2,020x10°% | 1,222x1072 | 5.924x1072
. 993 .993 . 994 . 997 1,001
200 . 968 .764 .481 . 244 .099
1.018%x107% | 9.660x10°% | 1.015X107® | 6.092x107® | 2,937x10°2
% 4.8 HNERLELHEEEDO MSE (P-8)
a
™ 0.1 0.3 0.5 0.7 0.9
n \
.857 .889 1.021 1.481 3.553
10 .925 .761 .567 .453 .515
8.092X107% | 1.086X10~% | 2.357x107! | 4.671 1.527x 102
.on .978 1,002 1,059 1.177
50 .961 .765 .496 . 270 .126
1.683x107° | 2.185x107® | 4.124x107% | 5.580Xx107* | 7,469
. 985 . 989 1.001 1,028 1.081
100 . 966 . 765 .489 . 256 111
8.453x107% | 1.093%107® | 2.031X1072 | 2.646X107' | 3.204
.993 .994 1.000 1.014 1.039
200 . 968 . 766 .485 . 250 .105
4,236X10™® | 5.466x107* | 1.008x107% | 1,289%x107 | 1.551
(4105 4.8, EBIT (BEHEEERD MSE)/(UMVU #EBONHE),
B (BEHEERD MSE)/(®— 2V MER X AHEEEOHINTE MSE) £L TTE
BRAHEERD MSE #%H1)
a2 = (n—1) V2%
EBl L
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Estimation of Measures Related to the Lorenz Curve
and of Measures of the Heaviness of Tail
~— The Case of a Lognormal Distribution —

Kunio Shimizu
{Science University of Tokyo)

This paper deals with the estimation problem of measures related to the Lorenz
curve and of measures of the heaviness of tail under a lognormal distribution. The
measures to which we address ourselves are as follows: the abscissa of the point, of which
the tangent is parallel to the diagonal line, the Gini concentration coefficient and the
Theil coefficient, etc. The estimators of these parameters are the uniformly minimum
variance unbiased estimator and maximum likelihood estimator, and the estimator
based on sample moments. The efficiencies of them are discussed.



